ABSTRACT. Let X be an abstract set and E be a lattice of subsets of X. Associated with the pair (X,L) are a variety of Wallman-type topological spaces. Some of these spaces generalize very important topological spaces such as the Stone-,ech compactification, the real compactification, etc. We consider the general setting and investigate how the properties of E reflect over to the general Wallman Spaces and conversely. Completeness properties of the lattices in the Wallman Spaces are investigated, as well as the interplay of topological properties of these spaces such as T2, regularity and LindelOf with .
1.
INTRODUCTION. Let X be an arbitrary non-empty set and Z; a lattice of subsets of X such that 0, X e/3..A(/) denotes the algebra generated by L, and I(E) denotes the non-trivial zero-one valued finitely additive measures on .A.(E). Various specific subsets of I(,) have been considered by researchers along with specific lattices in these subsets together with their topologies of closed sets. They have been referred to as generalized Wallman Spaces (see [3] , [4] , [5] , [6] , [8] ). Questions concerning their topological properties as well as completeness properties of some of these lattices have also been investigated. The interplay between E and the topological properties are extremely important. As noted, many specific cases have been considered. We propose here to adopt a very general approach by considering J(.) c I(L) to be any one of the sets usually considered as well as possibly new ones suggested in section 2, and to consider the lattices of subsets of J (E) as well as the topology of closed sets determined by them. In this general setting, we investigate the interplay between and these lattices and topological properties.
In section 2, we review some of the standard notation and terminology and also introduce some new subsets of I(E) for consideration. Section 3 is devoted to an analysis of completeness properties of the lattices of J(L), and also to necessary and sufficient conditions for the topological spaces to be T2.
Many specific examples are also given. Section 4 gives a detailed investigation of regularity matters of the lattices and of necessary and sufficient conditions for the spaces to be LindelOf. Again a large number of examples is presented. BACKGROUND AND NOTATION In this section, we introduce the notation that will be used throughout the paper, this will be consistent with most of the standard notation used. (See for example [1] , [3] , [10] .) Several items of terminology will also be introduced, all of which are by now quite standard. Finally, we give a brief survey of several of the more important generalized Wallman Spaces (see also [3] , [4] , [8] ), and introduce a few new ones. As indicated in the introduction, it is our aim to systematize the investigation of these spaces by considering a general framework which subsumes all the special cases, and give proofs in this setting which cover the known topological properties of these generalized spaces. Again let X be an arbitrary set and let be a lattice of subsets of X such that 0, X 6 
It is easy to see that /2' is 0-1 valued, /2'(X)= 1,/2'(0) 0,/2' is monotone and finitely subadditive; that is/2' is a finitely subadditive outermeasure.
In terms of #', we can define I,(/;) where/2 6. I(/;) if Various completeness and repleteness notions have been considered (see [3] , [4] , [7] ). We first define for any/2 6. I(/;) the support of/2 to be ,S(/2) t {L 6./;]/2(L) 1}. With this concept, we then have that/; is replete if for any/2 6. I(/;), ,5(/2) # ;/; is prime complete if for any/2 6. Io(/;), ,S(/2) # ;/; is weakly prime complete if for any /2 6. I(), ,.q(/2)# ;/; is fully replete if for any # 6 . I(/;), 8(/2) # . We also recall that r 6. I-I(/;) ifr"/; {0,1}, and that r(X) 1, r(0) 0, r is monotone, and r(A N B) r(A)r(B), A, B 6./;. ,.q(r), the support of r, is defined in the obvious way. Also r 6. Iio() if r 6. II() and if it is e-smooth on .
There are a number of well-known lattice-topological properties such as disjunctiveness, normality, compactness, etc. (see [5] , [7] for further details). We make use of these properties, in particular, their measure theoretic equivalents which will be used throughout sections 3 and 4. 6(/;) denotes the lattice of ([5] , [6] , [7] , [8] , [9] [4] , [5] , [6] , [7] , [9] ) 3. GENERAL STRUCTURE 1 In this section we begin our unified treatment of generalized Wallman spaces thereby extending the results in ([4] , [5] , [6] , [7] , [8] )
Again, X is an arbitrary non-empty set, and ' is a lattice of subsets of X We assume for convenience that O, X '..,4(.) is an algebra generated by E, and I(Z:) denotes the finitely additive non-trivial, 0-1 valued measures on ,4('). We then designate by J(') a subset of I() In the sequel any J(') considered will be one of the sets introduced in section 2, such as I('), IR('), Io('), I('), I. [5] , [6] , [8] ).
EXAMPLES.
(1) Let/2 be disjunctive and consider J1 I,, J2 Io, HjI (/2) Wo(/2). Then we have: If pt < 7(/2) where # Io(/2), 7 I(/2), then 7 S(), Io(Wo(/2)). Therefore Wo(/2) is prime complete (in I,) and conversely. We next investigate lattice topological conditions for the lattice Hj(/2). We continue to assume that {#lz X} c J(/2), and we consider the set J(/2) and the lattice of subsets of Hj(/2). The following two theorems show to advantage the general approach and even specific cases do not appear in the references. THEOREM 3.2. Ifln(/2) C J(/2), then Hj(/2) is T1 if and only iflR(/2) J(/2). PROOF. Suppose Its(/2) J(/2), then W(/2) Hj(/2) and so Hj(/2) is T1 as is well known (see [7] ). Conversely suppose Hj(/2) is T1. Let 
